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O N  A  DI F F E R E N TI A L  F O R M U L A C O N N E C T E D  WI T H  T H E  

T H E O R Y  O F  C O N F O C A L  C O NI C S.

[ Fr o m t h e M ess e n g er  of  M at h e m ati cs,  v ol. ιι. ( 1 8 7 3), p p. 1 5 7, 1 5 8.]

T h e  f oll o wi n g tr a nsf or m ati o ns pr es e nt t h e ms el v es i n c o n n e xi o n wit h  t h e t h e or y of  

c o nf o c al c o ni cs.

T h e  c o or di n at es x, y of a p oi nt ar e c o nsi d er e d as f u n cti o ns of t h e p ar a m et ers  

h,  k w h er e  

a n d t h e n ass u mi n g ξ  =  x- ∖-i y, η  =  x-i y  (i =  √(- 1) as us u al), a n d writi n g  c  =  α- 6,  

w e  fi n d 

w h e n c e  if

w e  h a v e

or,  s a y
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and thence

These also follow from the known differential formula 

that is,

implying 

where α is a constant. The foregoing integral formulae give at once 

and substituting these values we find α = l, and the differential formulae are then 
satisfied.

We thence have 

as the integral of the differential equation
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